Bcepoccniickasi onnmnnaga WwkonbHUKoB no nHopmaTtuke 2024, perroHasbHbli 3Tan
Henb 2, 22 sneaps 2024 roga

3apada 5. Pa3buenune maccusa

Orpanndenue 1o BpeMeHH: 1 cexyHnna
OrpaHu4deHue 1o IaMSITH: 512 merabaiiT
Han maccuB A = [ay, ag, . .., ay|, COIEPXKAIIMIA N HATYPAJIBHBIX YHCEL.

Tpebyercst packpacuTh 37/eMEHTHI MACCUBA B JIBA [BeTa TAKUM 00Pa30M, 9TOOBI HE CYIIECTBOBAJIO IBYX
9JIEMEHTOB T U Y OJHOIO I[BETA, TAKUX, UYTO T HAIEJO JEJIMJICS Ha Y U BBIIOIHSIOCH PABEHCTBO % = p, rIe
p — mpocmoe duco. lapaHTUpyeTcsi, YTO TaKas PackKpacKa CYIIECTBYeT

HarmomumM, 9To mesoe 4nciio p > 1 Ha3bIBaeTCsl IPOCTBIM, €CJIM OHO MMEET POBHO JIBa JAeauTess: 1 u p

dopmaT BXxOAHbIX AAHHbIX

[Tepsasi crpoka cojiep:kutT oHO 1eioe ncyao 1 (1 < n < 100000) — KoJIMIecTBO 9JIEMEHTOB B MACCHUBE.
Bropasi ¢cTpoka COepKUT N MEIBIX THCET A1, a2, . . .,ay (1 < a; < 106) — 3JIeMEeHTHI MaCCHUBA.

®dopmaT BbIXOAHbIX AAHHbIX

BriBenure onmcanne pa3bueHns MacCUBa Ha JIBa MHOXKECTBaA B CJEAYyIOIEM dopMare

BriBeure n 1e1bIX quces, i-€ u3 KOTOPBIX PaBHSIETCS 1, €C/Id 9JIEMEHT a; HaJ0 PACKPACUTDH B MEPBBIi
IBET, U 2, €CJIN JJIEMEHT a; HaJ0 PACKPACUTh BO BTOPOIl IIBET.

Ecnu cymecTByeT HECKOJIBKO MOIXOIANINX PACKPACOK, BBl MOXKETE BBIBECTHU JIIOOYIO M3 HUX.

Cucrtema oueHKkn

Barer 3a KaxKIy1o mog3agady HAUUC/IAIOTCS TOJBKO B CIydae, €CJIM BCe TECTHI JJIsl 9TON MOA3a1a9u
1 HeOOXOMMMBIX 110138084 yCIIEIIHO IPOIeHEbI.

OIIOJIHUTEJIbHbIE Heobxoaumbie Nudopmarina
ITonzamaya | Bajaabl a & dop
orpaHUYEHUA oa3aaaYdn O TIpoBepKe
1 9 a; < 2 1n1s Bcex 1 repBas OIMMOKa
2 19 lapanTupyercd, aTo Bce a; IepBas OIMMOKa

ABJIAIOTCA CTEIICHAMU
HEKOTOPOI'0 IIPOCTOro 4Yucjaa p

3 12 a; < 3 JUIsI BCexX 1 1 IepBas OIMMOKa
4 13 a; < 4 11s Beex 1 1,3 IepBas OIMOKa
5 21 n < 10 repBasi olruoKa
6 26 HET 1-5 repBas OIMOKa
lNpumepsbl
CTaHIApTHHI BBOJ, CTaHIapTHHI BHBOJ
4 2112
1234
1 1
20
3ameuvaHue

B nepBoM mpumepe ecTh JiBa 3JeMeHTa IEePBOTO IBeTa: 2 U 3, U JIBa dJIEMEHTa BTOpOro 1eera: 1 u 4.
DJIeMeHTBI TIEPBOrO IIBETa He JIeJISITCsT HAIEJI0 JAPYT Ha JApyra. 4 Halesao AeJUTCcs Ha 1, HO UX OTHOIIEHNE
He SBJISIETCS] IPOCTHIM YUCJIOM.
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3apgayda 6. bakTepun

Orpanndenue 1Mo BpeMeHH: 1 cexyHnna
OrpaHu4yeHue 1o IaMSITH: 512 merabaiiT

B 6uostormueckoii jrabopaTropuu MpoBOAAT IKCIIEpUMeHT. B Hadaje y yIeHBIX €CTb N 3AMOPOAHCEHHHLT
OakTepuii, IPOHYMEPOBAHHBIX OT 1 J10 n.

CorytacHo IIaHy 3KCIIEPUMEHTa 3aMOPOXKEeHHast OaKTepHusl ¢ HOMEPOM ¢ HOmajaeéT B damky llerpu qe-
pe3 a; CeKyHJ IoCje Hadaja dKCIepuMenTa. Ko Takmx OakTepuil HECKOJIBKO, OHHM BCE TOMAJAI0T TY/IA
OJTHOBPEMEHHO

Kak Toibko 3amopoxkeHHasi 6akTepusi OKasblBaeTcs B dallike [leTpu, oHa pasMopaKuBaeTCs U HaIH-
HaeT cospesamsb. Co3peBanne baKTepun ¢ HOMEPOM 4 3aHUMAaeT t; cekyH . Kak TojbpKko bakTepust co3pesa,
OHA HAYUHAET PA3MHOXKATLCHA: HEMEJJIEHO IIPEBPAIAETCS B JIBE co3peswiue DAKTEpUH, U 3aTeM KaXKjias
co3peBIast bakTepusi B KOHIIE KaXK 10 CeKyHJ[bI CHOBA JIEJIUTCsI HA JBE CO3PEBIe OaKTepun

PasmepoMm komornn Ha3bIBaeTCst 0011Iee KOaMnIecTBO bakTepuit B wamke [lerpu. Iens skcmepumenTa —
OTIPEJIEJIUTD, Yepe3 CKOJIBKO CEKYH/]I pa3Mep KOJIOHUH OyJ/IeT B TOYHOCTH PABEH M

[Tomorute y4eHbIM OIPEIEIUTH UCKOMOE YUCJIO CEKYH/| MJIM BBISICHUTE, 9YTO Pa3Mep KOJOHUU HUKOLJIA
He OyIeT B TOYHOCTH PaBeH M.

CDopmaT BXOAHbIX OAdHHbIX

B nmepBoii crpoke namb! nestbie ancaa n, m (1 < n < 2-105, 1<m< 109) — KOJITIECTBO 3aMOPOYKEHHBIX
OakTepuil U YKeJaeMblii pasMep KOJOHWH.

Bo BroOpoit cTpoke JaHBI M MEABIX YUCET a1,a2,...,4n (1 < a; < 109) — BpeMeHa IlepeMeITeHn T
3aMOPOKEHHBIX OakTepuit B gamky lleTpmn.

B Tperbeit cTpoke TaHbI 1 MEJBIX 9ucest ty, ta, . .., ty (1 <t < 109) — MPOJIOJIKUTETHHOCTH CO3PEBAHUST
3aMOPOXKEHHBIX OAKTEPHIit.

@dopmaT BbIXOAHbIX AAHHbIX

Ecsin pazmep kosonnu Hukorjia He OyJeT paBeH m, BbiBeauTe —1.
B nporuBHOM ciydae BBIBEIUTE UUCJIO CEKYH/I IIOC/IE Hadasa SKCIEPUMEHTA, Yepe3 KOTOPOoe pasMep
KOJIOHUH OyJIET B TOYHOCTH PABEH 1.

CucTtema oueHKkn

Bamnber 3a KaxkIyio 1Moj3ajadqy HAYUCIAIOTCS TOJbKO B CJIydae, €CJIU BCe TECThI JUIS STON MoJ13a/1a4uu
7 HeOOXOIUMBIX 10133124 yCIIEIIHO PO IEHDI.

Monsanaua | Babi JdonosHuTebHbIE Heobxomnumpbrie Nudopmarius
OrpaHuYeHus! noa3agadu O IIpOBepkKe
1 13 m<n, a < 105, t; = 109 repBasi OIuOKa
2 14 a; =1, t; paBHBI repBas OIMmnOKa
3 17 n, a;, t; < 3000 repBasi OIIuOKa
4 23 a; paBHBI 1 repBas OmmnodKa
) 33 — 1-4 nepBas OmmnbKa
MNpumepsbl
CTAHIAPTHHY BBOJ, CTaHIAPTHHYN BHBOZ,
4 11 5
35110
29213
13 124 8
5688164647 1039
521052114834109
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3ameyvaHue
Paccmorpum, Kak pasBuBaeTcst SKCIEPUMEHT B IIEPBOM IIPUMEPE.
Bpemsa | BakTepus 1 BakTepus 2 Bakrepus 3 BakTepus 4 Bcero
0 3aMOPOKEHA 3aMOPOYKEHA 3aMOPOKEHA, 3aMOPOKEHA 0
1 3aMOPOKEHA 3aMOPOYKEHA B vamke IleTpu, | 3amopokeHa 1
co3peBaeT
2 3aMOpOYKEHA, 3aMOpOYKEHA, B uarke [lerpu, | 3amopoxkena 1
co3peBaeT
3 B uamike [lerpu, | 3amopoxeHna B uamke [lerpu, | 3amopoxkena 3
CcO3peBaeT co3pesia,
2 bakTepun
4 B vamike Ilerpu, | 3amMopoxena B uamke [lerpu, | 3amopoxkena 5
cO3peBaeT co3pesia,
4 bakTepun
5 B qamike [lerpu, | B wamke [lerpu, | B yamke [letpu, | 3amopoxkena 11
co3pea, co3peBaeT co3pesia,
2 bakTepun 8 bakTepuii
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3apava 7. Pa3bueHune Ha Tpoiiku

Orpanndenue 10 BpeMeHU: 1 cexkyHna
OrpaHudenne 0 MaMSITH: 512 merabaiiT

Ha nenb poxaenus Manre Kak OOBIMHO TOJAPUJINM MACCUB @ U3 N HATYPAJbHBIX YUCET, B KOTOPOM
KazKJI0€ 9HC/I0 HAXOUTCS B IIpejieaax oT 1 J10 m BKIIYUTEIbHO0. Mala o4eHb JIIOOUT 9UCI0 TP, TOITOMY
JUTMHA MaCCHBa JETUTCA Ha TPH.

Maina penmmia o0beUHATD YUCIa B MpoliKu: KaxKias TPOKa Juces JIOJIXKHA COCTOATh WU U3 TPEX
OJIMHAKOBBIX YHUCEN, WM U3 TPeX IOC/IeI0BATENbHBIX uncest. Jpyrumm cjaoBamu, KasKaas TPOHKa MMeer
wim Bug (z,x,x), wmm (z,x + 1,2+ 2), rje £ — Kakoe-To HATypaJbHOE YUCJIO

Mama xo4er mourparh ¢ IIOJAPEHHBIM MACCHBOM, W €€ MHTEPECYeT KOJMYECTBO CIIOCOOOB pasbuTh
YHCJIa 9TONO MAcCUBa Ha Takue Tpoiiku. /IBa crocoba pasbuenust CIUTAIOTCS PA3JIUIHBIMU, €CJIM HEeJIb3sl
YCTAHOBUTD B3aMMHO-OTHO3HATHOE COOTBETCTBHE MEXKy TPOHKAMMU MEPBOrO pa3OUeHns U TPOHKAMU BTO-
poro pasOueHus, 9TO YHUCa BHYTPU COOTBETCTBYIONIMX TPOEK paBHBbL. Tak Kak KOJMYECTBO pa30OHeHuii
MOZKeT OBITH 6OJIbIIIM, Malle JOCTaTOYHO 3HATH €ro OCTATOK 110 Mosy/o 109 4+ 7

[Tomorure Mailiie mocunTaTh KOJMIECTBO CIIOCOOOB Pa3bUTh YUC/Ia HOJAPEHHOr0 eif MacCuBa Ha TPORKY
o mosysmo 107 + 7

dopmaT BXOAHbLIX AAHHbIX

[TepBasi cTpoka BXOJTHBIX JAHHBIX COAEPXKHUT JBa Meiabix duciaa n um (1 < n < 5000, 1 < m < 5000,
n = 3 -k Jisl KAKOro-TO HATYpPaILHOTO k).

Bropas cTpoka cofiep:KuT n meabx quces a; — duciaa Maccusa (1 < a; < m).
CDopmaT BbIXOAOHbIX AAdHHbIX

B eauHCTBEHHOR CTPOKE OJHO YMCJIO — KOJHMYECTBO CIIOCODOB Pas30UTh YMCJ/Ia MacCHUBa, Ha TPONKHU I10
Mozysmio 107 + 7.
Cucrtema oueHKun

Bamer 3a KaxkIyio mog3aiady HAMUC/IAIOTCS TOJBKO B CIydae, €CJIM BCE TECTHI JJIst 9TON MOI3a1adu
7 HeOOXOMUMBIX HOI3adaY YCIIEITHO IPOHAeHbI

Tonsanaua | Bambi HomnosHuTenbHbIE Heo6xomumbie | Madopmanusa o
OrpaHUYEHUS nmoa3agaqu MMpOBEPKE
1 10 m< 3 nepBas ormoKa
2 8 m <4 1 mepBas OIMMOKa
3 10 KarKJ0e YUCJIo OT 1 10 m repBas OIMMOKa

BCTpedaeTcst He OoJiee IBYX pa3

4 12 MaCCHUB @ He COJIepKUT 4uceJI, 1 repBas OmmnbKa
KOTOpBIE JIensaTcd Ha 4
5 29 n < 500, m < 500 repBas OIMOKa
6 31 — 1,2,3,4,5 IepBas OIMMOKa
lNpumepsbl
CTaHIAPTHHHE BBOZ, CTaHIAPTHHHE BHBOZ,
9 4 2
342442332
6 3 0
123121
3ameyvaHue

B nmepBoMm mpuMmepe uncsia MOXKHO pa30buTh Ha TPoiKM jaByMst criocobamu: {(2,2,2), (3,3,3), (4,4,4)}
u {(2,3,4), (2,3,4), (2,3,4)}.
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3apgauva 8. Obxoabl buHapHoro aepesa

Orpanndenue 10 BpeMeHU: 2 CeKyH/IIbI
OrpaHudenne 0 MaMSITH: 512 merabaiiT

Bunapmoe nepeBo — 510 HAOOP BEPINUH, Y KaK 10 N3 KOTOPBIX MOXKET ObITH JIEBBIH U MPaBBIil PEOEHOK.
OpHa u3 BEpIINH SABJIsIeTCs KOPHEM JlepeBa, OHa He siBJIgeTcs peDEHKOM Kakoif-To jpyroii. Hauas B KopHe
7 KaXXIbI pas3 Imepexos B OIHOIO U3 JeTeil, MOYKHO JONTH 10 1000t BepInHbl. MHOKEeCTBO BEPIINH, 0
KOTOPBIX MOYKHO JOWTH U3 3aJlaHHOM, HA3bIBAETCs €€ IMOIIEPEBOM.

Y 6uHAPHOIO JIepeBa eCTh TPHU OCHOBHBIX 00X0j1a: MpsiMOil (pre-order), neHTpupoBanHblil (in-order) n
obparublit (post-order).

[Tpsimoit 06xo01 JepeBa — 9TO MOPSIAOK €ro BEPIIUH, TOJIYIeHHbBIH CJASIYIONUM PEKYPCUBHBIM aJIOPUT-
MOM:

1. /1ob6aBuTh KOpEHB JiepeBa B 0OXO/I.
2. Ecnu y KopHsi ecThb JieBbIil peOEHOK, BBIIIUCATH IPSMON 00X0] €ro MoJiepesa.

3. Ecin y KopH# ecTb mpaBblil peOEHOK, BBIIUCATH IPsIMOil 00X0J1, ero HoJJIepeBa.

B menTpupoBaHHOM 00X0/e KOPEHb JePeBa BLIIUCHIBACTCS MEXKIY 0OXOLAaMU IIOIIEPEBLEB €r0 JeTell,
B 0OpaTHOM — mocje 00XOI0B MOAIEPEBLEB €r0 IeTeil.

O6001uM 5TH TpU BapuaHTa 00X0/4a: IyCTh B KaXKI0M BEpIIHE 3aIllUCAHO IejI0e dncjio x or —1 mgo 1,
0603Ha‘{aIOH_[ee, B KaKOII MOMEHT MBI BBIIIICHIBAEM 3Ty BepH_II/IHy7 a UMEHHO:

e r = —1: 10 0OXOIOB TIO/IEPEBLER €€ JIeTelt;
o x = (: MexIy 00XOIaMU TOMEPEeBbeB €€ feTeil;

e r = 1: mocJie 0OXO/IOB TOJIEPEBbEB €€ JeTeil.

Takum 06pa3oM, ecjum BO BCeX BepIIUHAX 3aInuCAHO —1, 00X0J sABJsIeTCS IPSAMbIM, ecyin ) — IEeHTpU-
pPOBaHHBIM, ecjii 1 — 0OpaTHBIM.

PaccmoTrpum nepeBo ¢ n BepuimaaMmu, IpoHyMepoBaHHBIX 0T 1 10 n. Kopenb nepesa — Bepruna 1.
M3HavaabHO BO BCeX BepIIMHAX 3allMCAHO YNCJIO —1.

B pamkax mccienoBanus HeoOX0IUMO 00pabOTATH ¢ 3AIIPOCOB OIHOIO U3 CJIEIYIONINX THUIIOB:

1. ITomensiTp uncsa B Bepmunax [, [+ 1,...,7 na z (z paen —1, 0 mwin 1).

2. CoolIuTh, Ha KaKOW MO3UIMK B TEKYIEM 00X0ie OYyIeT CTOSITh BEPINUHA i.

H€O6XO,ILI/IMO BBIBECTH OTBETHI Ha BCE 3aIIPOCHI BTOPOI'O THIIA.

®dopmaT BXOAHbIX AAHHbIX
B mepBoii crpoke BXOJHBIX JAHHBIX JIaHbI JBa 1esbix unciaa n u ¢ (1 < n,q < 100000).

B cienyromux n crpokax JaHbl 10 aBa Henbix dnciaa L; u R; (0 < L, R; < n) — HOMep JIeBOrO U
[IpaBoro pebEHKa BEPIIUHBI ¢ COOTBETCTBEHHO, Jin60 (), eCIM COOTBETCTBYIONMIN peOEHOK OTCYTCTBYET

lapanTupyercs, aro L; nu R; 3a7a10T KOppekTHOE OMHAPHOE TEPEBO

B cienyromux g crpokax janbt 3anpocsl. [lepsoe unciio B crpoke t (¢t € {1, 2}) — tun 3anpoca

B citygae 3amnpoca niepsoro tuna jajee ganbl mesbie dncaa [, r u x (1 <1< r < n, x paen —1, 0
i 1) — rpaHuIbl OTpe3Ka BEPIIUH, B KOTOPBIX MEHSIIOTCS YHC/Ia, U HOBOE 3HAYECHUE.

B ciyuae 3ampoca Broporo tuma jajee jgano duciao i (1 < ¢ < n) — HOMep BepIIUHbBI, TO3UIHUIO
KOTOPOI B 00X0/e HEOOXOINMO BBIBECTH.

®dopmaT BbIXOAHbIX AAHHbIX

Ha kaxxiplit 3a1rpoc BTOpOro THIIA BBIBEJIUTE €IMHCTBEHHOE YUCIO0 OT 1 JI0 17 — TO3UIUI0 COOTBETCTBY-
OIEell BEePIITUHBI B 00XOIE.
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Cucrtema oueHKn

[Iycth g1 — KOJIMYIECTBO 3AIPOCOB MIEPBOIO THUIIA.

orosiHuTebHBIe| Heobx. Nndopmamusa
ITonzamaua | Bansabr a Popman
OrpaHMYeHus | IMoa3aJavn O IIpoBepKe

1 10 n,q < 5000 repBas OmmnbKa
2 ) q <10 mepBas OmubKa
3 10 BCE 3aIIPOChI IIEPBOI'O TUIIA mepBasi OIIMOKA,

UJIyT JI0 BCEX 3aIIPOCOB

BTOPOI'O THUIIA
4 10 BCE JINCThbs (BepIINHBL 6e3 nepBas OMINOKa
JleTeil) HAXOJATCS HA OJIHOM
pPacCTOsAHUN OT KOPH¢, HET
BEPIIIUH C POBHO OJIHUM
pebEHKOM
5 10 l = r njs Bcex 3ampocoB repBas ommnodKa
[IEPBOI'O THUIIA
6 20 x € {—1,1} aua Bcex epBasi OIMIIOKa
3aIPOCOB MIEPBOIO THUIIA, Y
KaXKJI0# BepIIuHbI He OoJiee
oHOTO pebEHKa

7 10 xz € {—1,1} mus Bcex 6 epBsast OnmbKa

3AIPOCOB [IEPBOI'O THUIIA
8 10 y KaxKJI0if BEpIIUHbI He HoJjiee 6 nepBas ornmoKa

OTHOTO pebEHKa
9 15 HET 1-8 repBas ommnodKa
MNpumep

CTaHIAPTHHN BBOJ,

CTaHIapTHHN BHBOJ

30
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3ameyaHune

B npumepe 06xom MeHSIETCS CJIEAYIONUM 00pa30M:

e [1,3,5,2,4]
e [5,2,3,4,1]

e [5,3,2,4,1]

CrpaHuua 6 us 6




